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Monoidal
⊗, 1, associativity

and unit constraints

Abelian

short exact sequences,
kernels, cokernels

Additive
finite

∏
,
∐

HomC(X,Y ) ∈ Ab

∀X,Y ∈ C 0 ∈ C

Locally Finite

dimkHomC(X,Y ) <∞
∀X,Y ∈ C

every X ∈ C has
finite lenght

Finite

enough
projectives

finitely many
simple objects

Semisimple

every X is a ⊕
of simple objects

k-Linear
HomC(X,Y ) ∈ kVec

∀X,Y ∈ C

Unitary

∗ : HomC(X,Y )→ HomC(Y,X)
anti-linear, contravariant,

positive, involutive

Rigid

dual objects ∗X, X∗

via co/evaluation maps

Ribbon

∀X ∈ C∃θX ∈ Aut(X) with
θX ⊗ θY = cY,X ◦ cX,Y ◦ θX⊗Y
∀Y,∈ C and (θX)∗ = θX∗

(5)

Braided

cX,Y : X ⊗ Y ∼→ Y ⊗X
∀X,Y,∈ C

(3)

Symmetric

cY,X ◦ cX,Y = idX⊗Y
∀X,Y,∈ C

(4)

Pivotal
X ∼= X∗∗

∀X ∈ C

Spherical

left and right
traces coincide

Multitensor

Tensor
EndC(1) ∼= k
(1 is simple)

(1) Multifusion

Fusion(2)

Premodular

Modular

S-matrix (cXi,Xj ◦ cXj ,Xi

for Xi simple) is invertible

(6)

Examples: (when char(k) = 0)
(1) Rep(H), H Hopf.
(2) Rep(H), H semisimple Hopf.
(2) Rep(G), CorepO(G), G (algebraic) group.
(3) Rep(H), H quasitriangular Hopf.
(4) Rep(H), H triangular Hopf.
(5) Rep(H), H ribbon Hopf.
(6) Rep(V OA).
(1)–(6) kVec (finite dimensional).
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